ABSTRACT. If t and r are continuous linear operators on Banach spaces x and y with the spectrum of r countable, we obtain necessary and sufficient conditions on the pair t, r that imply the continuity of every linear operator 5 from x into y satisfying st = rs.
injectives when we wish to lift C[x]-homomorphisms.
For convenience we give two definitions that occur in [6] . A complex number A is a critical eigenvalue of |T, R] if (T -A/) X is of infinite codimension in X and if A is an eigenvalue of R.
If £ is a subset of the complex numbers, we denote by The first section contains the existence of a discontinuous S intertwining with T and R under the assumptions that T is not algebraic and R has a nonzero divisible subspace.
This result is applied in §2. In the third section we show that if R has a nonzero divisible subspace then it has a torsion free divisible subspace;
that is, that in the decomposition of this injective into a direct sum terms of the type C(x) occur. All linear spaces and linear operators are over the complex field.
I am grateful to the referee for suggestions which simplified the proof of Lemma 1.1 and led to a strengthening of Lemma 3.2. Proof. If (i) fails to hold, then there is a discontinuous S by [4] 
537].
We suppose that (i) and (ii)(a) hold. Then oiT) is finite and equal to Thus Xy is finite dimensional. Therefore S is zero on the direct sum of X^ for those afc that are not eigenvalues of R, and this direct sum is a closed cofinite subspace of X. Hence S is continuous, completing the proof. We now give a corollary of the proofs of Lemma 3.2 and Theorem 3.3. that leads to three natural questions, which we discuss after the corollary. 
